Abstract. Let D be a Noetherian domain containing a field, a ∈ D a nonzero nonunit and z an indeterminate over D. We prove that the generic fiber of the extension
Introduction.
An extension A ⊆ B of integral domains is said to be a trivial generic fiber (TGF) extension, if every nonzero prime ideal of B has nonzero intersection with A. Let K be a field and z, x 1 , x 2 , ..., x n indeterminates over K.
In [4] , Heinzer, Rotthaus and Wiegand proved that the mixed polynomial/power series ring extension is TGF for n = 1 and non-TGF for n = 3. They asked what happens for n = 2.
In this note, we study the TGF property for power series extensions of type
where D is a domain, 0 = a ∈ D and z an indeterminate over D. The same kind of arguments can be used to show that the generic fiber of the extension
has dimension ≥ n.
Finally, using this fact and Cohen's structure theorem for complete local rings, we establish the following result. Let B be a Noetherian domain containing a field, a ∈ B a nonzero nonunit and z an indeterminate over B. 
Let u be the canonical map
The following lemma is probably well-known, but we were unable to find a reference for it.
]. Clearly, we may assume that c = f (0) is nonzero.
, where z is an indeterminate over T . Recall that λ 1 ,...,λ n are said to be analytically independent 
] be an element which is algebraically independent over K(z) (e.g., σ(z) = n≥1 z n! , cf. Recall that the generic fiber of an extension of integral domains A ⊆ B is the set of prime ideals of B lying over zero in A.
Remark 6. Let K be a field and x, z, y 1 , ..., y n indeterminates over K with n ≥ 1. The arguments employed in the proofs of Proposition 3 and Corollary 4 can be used to show that the generic fiber of the extension
given by θ(y i ) = λ i for 1 ≤ i ≤ j and θ(y i ) = y i for j + 1 ≤ i ≤ n. Then y j − λ j ∈ P j \ P j−1 (in fact, it is easy to see that P j is the ideal generated by
the inclusions being proper because y j − λ j ∈ Q j \ Q j−1 . Since λ 1 ,...,λ n are analytically independent over K[[x, z]], we get
Note that the elements σ 1 (z), ..., σ n (z) above can be chosen in zΩ [[z] ], where Ω is the prime subfield of K. Indeed, if σ 1 (z), ..., σ n (z) ∈ zΩ [[z] ] are algebraically independent over Ω(z), then, by base extension, they are also algebraically independent over K(z), because the canonical morphism 
The following proposition is the main result of this note. It is a generalization of Remark 6.
Proposition 8. Let B be a Noetherian domain containing a field, a ∈ B a nonzero nonunit and z an indeterminate over B. Then the generic fiber of the extension
Proof. Clearly, we may assume that dim(B/aB) ≥ 1. Let 1 ≤ n ≤ dim(B/aB) and let M be a prime ideal of B of height n + 1 containing a. Set C = B M and let C be the completion of C. By [6, Theorem 60], C contains a coefficient field K. Pick b 1 , ..., b n ∈ B such that a, b 1 , ..., b n is a system of parameters of C. Then a, b 1 , ..., b n is also a system of parameters of C. By the proof of Cohen's structure theorem for complete local rings [6, Corollary 2, page 212] (see also [3, Theorem 4.3] ), the K-algebra morphism
given by θ(x) = a and θ(y j ) = b j , 1 ≤ j ≤ n, is injective and finite. We may assume that θ is the inclusion map. So x = a and y j = b j , 1 ≤ j ≤ n.
Let Ω be the prime subfield of K. By Remark 6, there exist the elements λ 1 , ..., λ n ∈ zΩ 
